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Abstract
Collaborative robotics is a field of growing industrial interest, within which understanding the energetic behavior
of manipulators is essential. In this work, we present the electro-mechanical modeling of the UR5 e-series robot
through the identification of its dynamics and electrical parameters. By means of the identified robot model, it is
then possible to compute and optimize the energy consumption of the robot during prescribed trajectories. The
proposed model is derived from data acquired from the robot controller during bespoke experimental tests, using
model identification procedures and datasheet provided by manipulator, motors, and gearbox manufacturers. The
entire procedure does not require the use of any additional sensor, so it can be easily replicated with an off-the-shelf
manipulator, and applied to other robots of the same family.

1. Introduction
Understanding a manipulator dynamic model is crucial in robotics applications, including developing
model-based control systems [1], building Digital Twin applications [2], or operating the robot safely
within its kinematic and dynamic limits [3]. To reduce the energy consumption of robot-assisted manu-
facturing systems [4], a dynamic model is essential [5], as it enables the application of many techniques
that can significantly improve the energy efficiency of an industrial robot [6, 7]. In addition to the
dynamic model, which relates generalized forces to motion quantities, the electrical model of the robot
must be investigated if a precise energy consumption prediction is required.

Motion planning significantly impacts energy consumption during task execution [8–10]. It is pos-
sible to optimize trajectories by knowing how losses depend on motion parameters [11, 12], or from
a detailed knowledge of the dynamic model, on which to search for a minimum-energy solution for a
given trajectory [13, 14].

Another option is to use a data-driven approach, which involves processing trajectory and consump-
tion data using machine learning, as in ref. [15]. In that work, a set of basic motion tasks are used to build
a model that can predict the overall energy consumption on the basis of two parameters that describe the
trapezoidal speed profile. While that approach has been proved to be accurate, such accuracy is guaran-
teed only within the spectrum of the operative conditions used to train the machine learning software.
In other words, the prediction model needs to be rebuilt from scratch if other motion primitives or dif-
ferent operative conditions need to be taken into account. Developing a true dynamic model is certainly
more challenging as proper measurements and a solid understanding of robot dynamics are needed;
nonetheless, the outcome is a more general tool with the broadest range of possibilities.

The study of a robot dynamic model is a topic that has already been discussed extensively in the
literature. Earliest examples of robot identifications techniques can be found in the works by Gautier et
al., who provide a method for the determination of the minimum set of inertial parameters of serial robots
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[16], as well as a way to define exciting trajectories for robot identification [17]. Atkeson et al. proposed
the estimation of inertial parameters of manipulators loads and links [18]. Furthermore, Grotjahn et al.
used a two-step approach for the friction and rigid body identification of robot dynamics [19].

The approaches for the identification are diverse [20]: their need is motivated by the fact that rarely a
robot manufacturer discloses sufficient information for building an accurate dynamic model from name-
plate data. Focusing on offline identification methods, the one that are more frequently employed for
industrial robots are either based on the identification of the parameters by a linear regression procedure
[21, 22] or by an optimization routine [23–26]. In both cases, the target is to ‘fit’ a model of known
structure to a set of measured data to reduce the error between the latter and the output of the model
being tuned. Both methods have been tested on a similar robot to the one used in this work, that is, the
UR5 robot by Universal Robots: the results found by means of a linear regression method in ref. [27] are
indeed as accurate as the ones found in ref. [28]. Furthermore, in ref. [29] the dynamic identification of
a robot similar in size and payload to the UR5e, that is, the Franka Emika Panda arm, is presented and a
set of feasible link parameters is retrieved for more realistic dynamic simulations or when implementing
in real-time robot control laws using recursive Newton-Euler algorithms.

An alternative approach involves three iterative loops for estimating mass, inertia, and friction,
respectively, according to a linear model, then to improve the friction model by including nonlinear-
ities, and finally the third for studying the Stribeck effect [30]. The identified robot is similar, in its
architecture, to an UR manipulator. A method based on deep-learning is also presented for the UR5
model in ref. [31]. Another option, which has been suggested in the work [32], is to use the frame-
work of the extended Kalman filter together with a weighted least squares estimation: as recognized by
authors of that work, however, the method of [32] is more suited to an online identification, rather than an
offline one. Widening the perspective, other less specific to robotics solutions could be potentially used
as well, such as the neurofuzzy approach to empirical data modeling for nonlinear dynamical processes
described in detail in the book [33].

Special attention is often paid to friction, as it is often the most challenging phenomenon to be identi-
fied. Friction appears to be related to several operating conditions [34], and in lightweight collaborative
robots is mainly due to the losses in the strain wave gearboxes. The friction model can be arbitrarily
simplified, as much as describing it only by means of the viscous and Coulomb terms without any
major modeling error [28]. Nonetheless, a higher accuracy seems to be achievable by considering also
the dependence to load [35, 36] and temperature [37]. Some extensive studies by Madsen et al. offer a
rather complete characterization of friction for the UR5e robot by means of a nonlinear model [38–40],
which also takes into consideration joint stiffness. Other analyses related to harmonic gearboxes are
carried out independently of the robotics application, as for instance in refs. [41, 42].

The electrical model of the UR5 robot is not a popular topic of study. Joint motors are scarcely ana-
lyzed in the literature and the available models are approximate [43]. One investigation that approaches
an electrical analysis of the robot concerns the modeling of a possible replacement to the UR5 joint
actuators [44], but this analysis is not focused on the actual off-the-shelf manipulator. So far, one of the
most elaborate and comprehensive work on the modeling of the UR5e robot can be found in ref. [40],
which however does not consider the issue of estimating the energy consumption of that robot.

The aim of this manuscript is to fill this gap by proposing an approach to define a full electro-dynamic
model of a UR5e robot by Universal Robots (Fig. 1). More in detail, the main novelties of this work
include:

• the modeling of the UR5e robot considering not only the dynamics of the robot but also the
energy model of the motors of the manipulator;

• a sequential procedure for the estimation of the inertia tensors of the links, followed by the iden-
tification of the moments of inertia of the motors and reducers, and finally the simultaneous
identification of the friction coefficients and motor torque constants;

• the formulation of a novel friction model accounting for the direction of the mechanical power
flow within the harmonic drive reducers.
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Table I. Denavit-Hartenberg parameters of the UR5e robot.

ϑ j aj dj αj

Joint j [rad] [m] [m] [rad]
1 ϑ1 0 0.1625 π/2
2 ϑ2 −0.425 0 0
3 ϑ3 −0.3922 0 0
4 ϑ4 0 0.1333 π/2
5 ϑ5 0 0.0997 −π/2
6 ϑ6 0 0.0996 0

The same sequential procedure can be applied without significant differences to any of the manipu-
lators by Universal Robots. The suitability of the procedure to any robot of the same family is ensured
as no additional sensors or measures other than the ones provided by the robot controller are needed.
Furthermore, to the best of authors’ knowledge, the approach to friction modeling proposed and tested
in this work is different from alternative approaches found in the literature and has been chosen to retain
a good model fitting with a minimal set of parameters. The resulting model can then be used to apply one
of the many model-based energy-saving approaches to reduce the energy consumption and the carbon
footprint of a work cell that includes one or more of such robots.

The paper is organized as follows: Section 2 provides a description of the setup used to gather the
measurements on which the modeling procedure is based. Section 3 covers the identification of the
inertial properties of the manipulator, whereas the friction parameters and the motor torque constants
are identified by means of the procedure outlined in Section 4. The analysis of the energy model and the
motor parameters are described in Section 5. Finally, the conclusions of this work and possible future
developments are given in Section 6.

2. The UR5 e-series manipulator
2.1. Kinematics
The kinematics of the UR robot family has been extensively studied and discussed [45]; therefore, that
topic is not covered in this work. The kinematic parameters, reported in Table I as a set of 24 Denavit-
Hartenberg parameters, are assumed to be the nominal ones as disclosed by the manufacturer in ref.
[46]. In other words, no kinematic calibration procedure has been performed and the robot used for the
experiment is a completely ‘stock’ one.

The architecture of the UR5e robot is very similar to the one of the other manipulators produced by
the same manufacturer: all of them are serial robots with six degrees of freedom (DOFs) and a non-
spherical wrist. The joint design is modular, meaning that the whole UR family is based on 5 joint sizes,
ranging from the smallest ‘0’ size to the largest ‘4’ size [47]. All joints comprise a brushless AC motor
and a strain wave gear reducer, with different sizes and ratings. For this reason, the procedure outlined
in this work can be applied with minimal changes to any robot of the family or even to robots from
different manufacturers with similar features and design.

2.2. Robot controller and communication
The experimental setup comprises a UR5e arm by Universal Robot (Fig. 1) and a computer equipped
with 32 GB RAM and an Intel Core i9 processor running Ubuntu 18.04 used for programming and
data logging. The acquisition of measured data is carried out by means of the Real-Time Data Exchange
(RTDE) protocol [48]. The robot is programmed in ROS (Robot Operating System) Melodic with Python
and controlled through a TCP/IP connection. The RTDE protocol allows for a real-time communication
between the robot and an external client, in this case the programming/data logging machine running
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Figure 1. Experimental setup: the UR5e robot and its controller.

ROS, ensuring the capability of collecting a large amount of experimental data without using any addi-
tional sensor. Data can be collected with a sampling time equal to 2 ms. The data collected and used for
the identification of the electro-mechanical model of the UR5e robot include the following:

• actual and reference joint positions;
• actual and reference joint speeds;
• reference joint accelerations;
• reference joint torques;
• actual motor currents.

The information consists of a variety of measurements collected by the robot onboard sensors (joint
positions and speeds, motor currents) and data computed by the robot controller itself, such as the refer-
ence values for joint positions, speeds and accelerations. The latter are the set-point values that are fed
to the robot control loop, which takes care of minimizing the tracking error of such references.

The motor torques are not recorded, since no torque sensor is included in the design of the robot.
However, a rather good estimation of such data is provided through current measures. The reference
joint torque will be discussed later, as being related, but not equal, to the actual torque available at each
robot joint. In the following, it will be demonstrated that these measurements, when combined with
some data disclosed by manufacturers, gathered from the literature and organized through identification
processes, are sufficient to develop an accurate energy model of the UR5e robot. A similar procedure
can be applied, with minimal differences, to all the robots produced by the same manufacturer, being all
based on the same kinematic structure and on a standardized joint design [45].

Two test trajectories have been taken into account for the experimental tests: they are referred to as
test trajectory A (Fig. 2), and B (Fig. 3). The related paths, referred to the position of the end-effector,
are shown in Fig. 4. The trajectories are planned in the joint space using trapezoidal speed profiles,
with maximum speed equal to 3 rad/s and maximum acceleration equal to 6 rad/s2, in compliance
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Figure 2. Test trajectory A: joint positions, joint and TCP speeds, joint accelerations.

to the joint speed limits recommended by Universal Robots, which is set to 180◦/s for all joints. No
specific data are available for the maximum acceleration. The motion planning method is also listed
as “Linear interpolation with continuous acceleration blend” in the book [49]. For each trajectory, six
random points are defined in order to ensure the robot traverses a significant portion of its workspace
with multiple directional changes, exploiting its speed and acceleration capabilities to their maximum
extent. The resulting trajectory is indeed very challenging to the robot for its maximum speed: the sixth
plot in Figs. 2 and 3 shows that the speed of the flange of the robot is limited to roughly 1.3 m/s, unlike
the planned trajectory. This feature is the result of the re-planning of the motion profile automatically
operated by the robot controller. The test trajectory A is adopted for the identification of the unknown
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Figure 3. Test trajectory B: joint positions, joint and TCP speeds, joint accelerations.

model parameters, whereas the other one is used to test the accuracy of the data gathered from the first
test without any additional modification to the estimated model. In Figs. 2 and 3, the values of the joint
speeds (as recorded by the robot controller) and joint accelerations (as estimated by the robot controller)
are shown for the two tested motions, whereas Figs. 5 and 6 show exemplary frames of the experiments.
Furthermore, to better appreciate the experimental tests, a video is available as supplementary material
and online.1

1https://www.youtube.com/watch?v=ehgOF-wGPh0
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(a) (b)

Figure 4. End-effector paths: (a) Test trajectory A; (b) Test trajectory B.

(a) (b) (c) (d)

Figure 5. Exemplary frames of the experiment for test A.

(a) (b) (c) (d)

Figure 6. Exemplary frames of the experiment for test B.

3. Identification of inertial properties
3.1. Identification of the link’s inertial properties
The robot dynamics can be written using the recursive Newton-Euler algorithm. This formulation pro-
vides a straightforward relationship between the robot’s inertial properties and the formulation of its
inverse dynamics, and it is the most useful one for identification purposes [20, 29, 37]. Neglecting, at
this initial stage, friction forces, the vector τ = [τ1, . . . , τ6]

T of the six joint torques to be exerted is a
function of the robot motion (through joint positions ϑ , velocities ϑ̇ , and accelerations ϑ̈) and the vector
of external forces fext acting on it, as:

τ = f (ϑ , ϑ̇ , ϑ̈ , fext) (1)

The function f(ϑ , ϑ̇ , ϑ̈ , fext) represents the nonlinear relationship between joint variables ϑ , ϑ̇ , ϑ̈ and the
joint torques τ , considering the effects of inertial forces, gravitational force and external forces.
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Figure 7. The simplified robot joint model used for the identification of the inertial parameters.

The dynamic model of Eq. (1) takes into account the link dynamics only. To account for the effects
of the motors and of the reducers and their inertial properties, as depicted in the model in Fig. 7, Eq. (1)
should be rewritten as:

τ = flink (ϑ , ϑ̇ , ϑ̈ , fext) + i (Jm + Jr) ϑ̈m (2)

The formulation of Eq. (2) is introduced to explicitly separate the inertial effects due inertial terms due to
the mass distribution of the robot links from the inertial terms due only to the moments of inertia of the
motors and the reducers. The matrix i is a 6 × 6 diagonal matrix of the gear ratios, while Jm and Jr are the
diagonal matrices of the motors and reducers moment of inertia, assumed to be reflected on the motor
side. The two terms are separated as they will be estimated independently from each other, as it will be
explained in the following. The term flink (ϑ , ϑ̇ , ϑ̈ , fext) can be evaluated using the recursive Newton-Euler
algorithm, in which the force Fj and the moment Mj acting on the j-th link are computed as:

Fj = mjv̇j + ω̇j × Pj +
(
ωj ×

(
ωj × Pj

))
(3)

Mj = Jjω̇j + ωj ×
(
Jjωj

)+ Pj × v̇j (4)

The formulation of Eq. (3) and (4) involves some kinematic quantities, such as the linear acceleration
v̇j, the angular speed ωj of the j-th joint and its time derivative, as well as some links inertial properties,
such as the overall mass mj of the j-th link, and its first moment Pj, which is computed upon the position
of the center of mass [cxj , cyj , czj ] of the link measured in the local link reference frame as:

Pj = mj

[
cxj cyj czj

]T (5)

Equation (4) requires the evaluation of the inertia tensor Jj for the j-th link, which is formulated as:

Jj =
⎡
⎣ Jxxj Jxyj Jxzj

Jxyj Jyyj Jyzj

Jxzj Jyzj Jzzj

⎤
⎦ (6)

Jj is a symmetric 3 × 3 matrix, so it has six distinct values. The implementation of the Newton-Euler
algorithm also includes the effect of gravity in the framework of Eq. (3) and (4), by means of a ficti-
tious ‘upwards’ acceleration of the robot base [50]. Considering the UR5e robot, as many as 72 inertial
parameters, usually called ‘base parameters’, have to be determined, of which only some of them are
disclosed by the manufacturer. The most common method of estimating the unknown values is by means
of a model identification technique, generally using a linear regression method [49], as done for exam-
ple in ref. [37]. The method used here is however based on a geometrical approach: as suggested in the
work [49], the values of the inertia tensors of the links can be estimated by means of some simplified
geometric descriptions of the links, for examples representing the robot links as composed by cylinders
or some other solids. The lower accuracy due to this approach is almost irrelevant to the overall accuracy
of the dynamic model, due to the high value of gear reduction found in the robot under investigation.
Each joint of the robot includes an harmonic drive with a gear ratio equal to i = 100, so that the reflected
moment of inertia of the link as measured on the motor side has to be divided by 104. Therefore, the
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Table II. Link masses mj and center of mass positions for the UR5e robot.

mj cxj cyj czj

Link j [kg] [m] [m] [m]
1 3.761 0 −0.02561 0.00193
2 8.058 0.2125 0 0.11336
3 2.846 0.15 0 0.0265
4 1.37 0 −0.0018 0.01634
5 1.3 0 0.0018 0.01634
6 0.365 0 0 −0.001159

Table III. Link inertia tensors of the UR5e robot.

Jxxj Jyyj Jzzj Jxyj Jyzj Jxzj

Link j [kg m2] [kg m2] [kg m2] [kg m2] [kg m2] [kg m2]
1 0.0067 0.0064 0.0067 0 0 0
2 0.0149 0.3564 0.3553 0 0 0
3 0.0025 0.0551 0.0546 0 0 0.0034
4 0.0012 0.0012 0.0009 0 0 0
5 0.0012 0.0012 0.009 0 0 0
6 0.001 0.001 0.001 0 0 0

actual values included in the inertia tensor Jj are scarcely relevant to the motor joint dynamics, so that
they can be roughly estimated or even neglected without altering significantly the accuracy of the model
tuning procedure. The most relevant contribution to the inertial forces acting on the motor are indeed the
ones due to the motors and to the gearboxes, that is, the ones appearing in second term on the right-hand
side of Eq. (2).

The mass of the individual links and the positions of their center of mass in the local reference frame
have been disclosed by the robot manufacturer in ref. [46], and are reported in Table II.

However, the data supplied by the manufacturer do not include any information about the link’s
inertia tensors. The approach used for defining the inertia tensors of the links is geometrical: knowing
the size, the mass and the center of mass of a link, the inertia tensor is computed considering each link
as a union of cylinders of different masses, according to the geometrical approach suggested in ref. [49]
and applied to the UR5 robot in ref. [51]. The values included in the six inertia tensors are reported in
Table III. These values are used for computing the joint torques collected in flink (ϑ , ϑ̇ , ϑ̈ , fext) used in
Eq. (2) by means of the recursive Newton-Euler algorithm.

3.2. Identification of the motors and reducers inertial properties
The determination of the additional inertia values needed to complete the conservative dynamic model
of Eq. (2), that is, the moments of inertia of each motor plus the reducer Jmj + Jrj , requires a different
approach from the one used for the robot links as no data are available, nor among the data supplied
from the manufacturer, nor in the literature, at least to the best of the authors’ knowledge. The proposed
approach is based on the identification of the unknown parameters using experimental data gathered from
the robot controller, which are labeled as target_moment, whose description by the manufacturer is
‘target joint moments (torques)’. In the absence of further specifications, and by the analysis with the
results of extensive experimental tests, it is assumed that the six values contained in target_moment
are the output of the inverse dynamic model, which defines the feedforward control action within the
robot controller.
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Our assumption is that the control scheme used by the manufacturer is mainly composed of the
mentioned feedforward action, based on the ideal inverse dynamic model of Eq. (2), and by a feedback
control action that compensates the inevitable discrepancies associated with friction forces, and external
disturbances. This procedure is akin to the reverse engineering approach that is sometimes used for robot
model identification [52]. As a further support to this intuition, the six target_moment are directly
related to the measured data labeled as joint_control_output (described by the manufacturer as
‘joint control currents’), but apparently not directly related to the measured data described as ‘actual
joint currents’ [48], which are, as in the most common practice [49], assumed to be proportional to the
actual torques produced by the actuators.

Now, if the six sampled torque signals mentioned above are collected in the vector τ ref , it can be
assumed that, as explained above, τ ref ≈ τ , hence Eq. (2) can be rewritten as:

τ ref ≈ flink (ϑ , ϑ̇ , ϑ̈ , fext) + i (Jm + Jr) ϑ̈m (7)

Equation (7) can be split into 6 individual equations, each one related to the j-th joint, given that the
only unknown values are the ones appearing in the two diagonal matrices Jm and Jr. Now, recalling that
for the j-th joint the vectors ϑ̈mj and τ

ref
j contain data collected from the robot and that the vector of joint

torques flinkj has been computed using the recursive Newton-Euler formulation, the unknown values can
be isolated in the left-hand side of Eq. (7) as:

ϑ̈mj

(
Jmj + Jrj

)= 1

i

[
τ

ref
j − flinkj

]
for j = 1, . . . , 6 (8)

Finally, the least square estimation of the motor plus reducer inertia is performed by the pseudo
inversion (†) of the measurement vector ϑ̈mj , as follows:

(
Jmj + Jrj

)= 1

i
ϑ̈

†

mj

[
τ

ref
j − flinkj

]
for j = 1, . . . , 6 (9)

This formulation merges the inertial properties of the motor and the reducer. However, these two
quantities can be estimated separately only if they are physically separated, which is not possible without
disassembling the robot. Another option is to spot exactly the model of the motor and the reducer used
in each joint. The exact motor catalog number is difficult to determine, whereas the same does not apply
to the reducer.

As disclosed by the manufacturer, the UR5e robot is composed of three ‘size 3’ joints (the first three
ones) and three ‘size 1’ joints, and the maximum torque exerted by each joint is equal to 150 Nm and to
28 Nm [47]. Moreover, we know that all joints use a 100:1 reduction gear in the form of a HFUS-2SH
strain wave gearing [53] produced by Harmonic Drive AG. Merging the information on the harmonic
drive catalog with some available photos of a disassembled UR5 robot, the reducers used in ‘size 3’ and
‘size 1’ joint reducers are identified by the codes HFUS-25-2SH and HFUS-14-2SH, respectively [53].
According to the manufacturer catalog, the two reducers are rated, respectively, for a maximum torque
equal to 158 Nm and 28 Nm, respectively, and their moment of inertia is equal to Jr1,2,3 = 1.07 · 10−4 Nm
and Jr4,5,6 = 0.091 · 10−4 Nm. These values can be subtracted from the ones estimated by means of the
linear regression of Eq. (8), resulting in the data reported in Table IV.

The validation of the model developed up to this point can be performed by the direct comparison
of the recorded control torque τ ref with the one evaluated by means of the inverse dynamic model of
Eq. (2), which is referred to as τ sim. This comparison is shown in Figs. 8 and 9, which report the six
values of the recorded joint torques, shown in green, with the torques evaluated by means of the dynamic
model of Eq. (2), shown in orange, for the reference trajectory A. From the figures, it can be seen that
the two set of values match each other almost perfectly, as the green line is almost completely covered
by the orange one. This data experimentally prove that the approximation included in Eq. (7) is indeed
a very minor one. The accuracy of the model is then also measured by the statistical data reported in
Table V, which lists, for each joint torque, the mean torque error, the maximum absolute value of the
torque error, its RMS value and the coefficient of determination R2. The peak values of the torque error
τmax

err are larger than 1 Nm for just the first two joints, and the RMS torque errors τ RSM
err take rather small
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Table IV. Estimated additional inertial parameters:
motors and reducers moment of inertia.

Jmj Jrj

Joint j [kg m2] [kg m2]
1 6.6119 · 10−5 10.7 · 10−5

2 4.6147 · 10−5 10.7 · 10−5

3 7.9773 · 10−5 10.7 · 10−5

4 1.2249 · 10−5 0.91 · 10−5

5 1.1868 · 10−5 0.91 · 10−5

6 1.1981 · 10−5 0.91 · 10−5

Table V. Frictionless model accuracy: torque modeling errors (mean, maximum and RMS errors)
and coefficients of determination R2.

Test A Test B

τmean
err τmax

err τ RMS
err τmean

err τmax
err τ RMS

err
joint j [Nm] [Nm] [Nm] R2 [Nm] [Nm] [Nm] R2

1 0.001 1.453 0.355 0.997 −0.001 1.430 0.363 0.998
2 0.054 1.344 0.369 0.998 −0.140 1.356 0.367 0.998
3 0.011 0.287 0.066 0.999 0.005 0.565 0.090 0.999
4 0.001 0.077 0.018 0.998 0.002 0.173 0.037 0.998
5 −0.001 0.032 0.008 0.999 −0.008 0.061 0.022 0.998
6 0.000 0.009 0.002 0.999 −0.000 0.015 0.003 0.999

values. The coefficients of determination R2 assume values that very close to 1, showcasing an overall
very good match between the model and the experimental data. Furthermore, Fig. 10a and 10b report
the box plot representation of the torque errors for the tests A and B, respectively. The results show not
only that the model fitted by means of the data of test A can faithfully reproduce the results of the same
test, but that the identified model is capable of reproducing also the data collected during test B, which
is not used for the identification procedure.

4. Friction modeling and torque constant identification
The dynamic model of the robot defined in Sect. 3 does not include any dissipative effect, which con-
stitutes a significant approximation, particularly for a robot like the UR5e where friction effects are
significant. This is mainly due to the use of a gear reduction equal to 100:1 and to the use of harmonic
drive reducers, which are often chosen in robotics for their favorable power density and for their high
reduction ratio, despite a less-than-ideal mechanical efficiency.

Given that the robot manufacturer does not provide any data related to friction, a model identification
procedure from experimental data has to be used. The inverse dynamic model outlined in Sect. 3 must
be extended by means of a joint friction model, so that the output of the resulting non-conservative
model matches the experimental data. However, as stated above, the actual joint torque is not directly
measured by the controller and therefore cannot be accessed, so an indirect measure has to be adopted.
The closest match to the joint torque is the motor current, which is assumed to be proportional to the
torque generated by each motor [27, 30, 37, 38]. The torque τmj generated by the motor of the j-th joint
can be written as:

τmj = ktj Ij (10)
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Figure 8. Validation of estimated values of motor and gearbox moments of inertia from control torque:
test A.

being ktj the torque constant of the motor that drives the j-th joint, and Ij the current drawn on that motor.
However, instead of identifying first the torque constant and then the friction model, it is advisable to
perform a single identification, since both quantities rely on the same experimental data and a sequence
of identification procedures usually brings an accumulation of errors [49].

As far as the choice of the friction model, several approaches are possible and different friction
models can be combined together to capture the non-trivial relationship that relates friction forces to the
operative conditions. In the UR5e robot, it is expected that friction forces are mainly due to the harmonic
drive, given that the friction in a well-designed and maintained brushless motors is comparably low.
However, the literature on friction modeling for robots and harmonic drives does not highlight a general
consensus on which model provides the most accurate description of the phenomenon. In most works,
such as in ref. [54], friction is simply modeled as the sum of a viscous and a non-smooth Coulomb torque
term. Similar options are chosen in refs. [27, 37]. In ref. [28], the Coulomb friction term is smoothed by
an hyperbolic function, so as to avoid a discontinuity at null speed. The same model, with the addition
of a Stribeck friction torque is the choice of works [42, 54], with the letter requiring the determination
of 24 parameters for modeling dissipative forces. Furthermore, 42 parameters are determined in ref.
[55]. In ref. [56], the joint friction is modeled by a continuous function of speed, shaped as a sigmoid
function that depends on 5 parameters, whose identification requires a nonlinear estimation procedure.
A different but accurate model for the dissipation in strain wave gears, such as the harmonic drive,
suggests that friction forces depend on speed, direction of rotation, as well as on joint load: the latter is
also assumed to vary among the four quadrants of operation [57].

The availability of several approaches in the literature suggests that there is no obvious choice
when striving for the most accurate friction model. A sensible choice should also focus on getting the
best tradeoff between model complexity and accuracy, provided that a model with a larger number of
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Figure 9. Validation of estimated values of motor and gearbox moments of inertia from control torque:
test B.

(a) (b)

Figure 10. Box plot representation of the torque errors: (a) Test A; (b) Test B. The central mark indicates
the median, the bottom and top of each box represent the first and third quartiles, whereas the whiskers
extend to the most extreme data not considered as outliers.

parameters generally can be better fitted than a model with less tuning parameters. In this work, the
model of choice differs from all the ones found in the works referenced above: we assume that friction is
modeled by a ‘standard’ friction torque plus an asymmetric smooth Coulomb torque that, rather depend-
ing on the speed sign, depends on the direction of the mechanical power flow within the harmonic drive.
As such, the friction torque for the j-th joint, assumed to be acting on the motor side, is evaluated by
means of the following formulation:
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τ
fric
j =kvϑ̇m + tanh

(
ϑ̇mj

ε

)
T∗

c (11)

with T∗
c = Tdir

c if ϑ̇jτj > 0 (12)

T∗
c = Trev

c if ϑ̇jτj < 0 (13)

The constant ε is a smoothing parameter empirically set to 10−3, and the Coulomb term T∗
c assumes the

value Tdir
c when the power is flowing from the motor to the load, and the value Trev

c when the direction
of the power is reversed. The previous expression can be rewritten as:

τ
frict
j = kvj ϑ̇m + tanh

(
ϑ̇ dir

mj

ε

)
Tdir

c + tanh

(
ϑ̇ rev

mj

ε

)
Trev

c for j = 1, . . . , 6 (14)

with

ϑ̇ dir
mj

= ϑ̇mj if ϑ̇jτj > 0

ϑ̇ dir
mj

= 0 if ϑ̇jτj < 0 (15)

and

ϑ̇ rev
mj

= ϑ̇mj if ϑ̇jτj < 0

ϑ̇ rev
mj

= 0 if ϑ̇jτj > 0 (16)

The dissipative forces can then be included in the model of Eq. (2), and fitted with the current mea-
surements, which represent the available data that is most closely related to the actual motor torques.
Therefore, the value of the j-th motor current, Ij, the motor speed ϑ̇mj and the simulated joint torque τ sim

j

(according to the model developed in Sect. 3) can be related by the linear combination:

Ij = 1

ktj

(
τ sim

j

i
+ ϑ̇mj kvj + tanh

(
ϑ̇ dir

mj

ε

)
Tdir

c + tanh

(
ϑ̇ rev

mj

ε

)
Trev

c

)
for j = 1, . . . , 6 (17)

For each joint, the sequence of sampled data can be rearranged in matrix form leading to the following
regressive equation:

⎡
⎣ τ sim

j

i
ϑ̇mj tanh

⎛
⎝ ϑ̇

dir

mj

ε

⎞
⎠ tanh

(
ϑ̇

rev

mj

ε

)⎤
⎦

⎡
⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎢⎣

1

ktj

kvj

ktj

Tdir
c

ktj

Trev
c

ktj

⎤
⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎥⎦

= Ij for j = 1, . . . , 6 (18)

The regressive form allows us to determine, through the pseudo inversion of the measurement vector,
the 5 × 6 coefficients reported in Table VI. This formulation provides the least square solution to the
determination of the vector of parameters in Eq. (18), that is, the values of the four parameters are
computed to minimize the quadratic norm of the estimation error on the motor currents Ij. The accuracy
of the model fitting is associated with the data in Table VI can be first evaluated by analyzing Fig. 11
and 12. The plots show the measured motor currents versus the estimated ones for each joint in orange
and blue, respectively.

The model is then tested against the measurements associated with test B, and the comparison is
shown in Fig. 12. Also in this case, the actual and estimated currents are in a very good agreement,
as the modeled and the measured overlap each other well. The agreement of the model is quantified
by the data reported in Table VII, which shows the mean, maximum and RMS current error, as well
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Table VI. Estimated friction coefficients and motor torque constants.

kv Tdir
c Trev

c kt

Joint j [Nm s/rad] [Nm] [Nm] [Nm/A]
1 0.475 · 10−3 0.0938 0.071 0.1091
2 1.073 · 10−3 0.0973 0.113 0.1071
3 0.382 · 10−3 0.0750 0.083 0.1022
4 0.295 · 10−3 0.0206 0.008 0.0793
5 0.114 · 10−3 0.0201 0.001 0.0744
6 0.188 · 10−3 0.0276 0.005 0.0769

Figure 11. Estimated current and measured current comparison: test A.

as the coefficient of determination R2 for each motor current and for each of the two tests. The peak
current error is generally rather large, sometimes even larger than 1 A, whereas the RMS current error
is far less relevant (the maximum RMS current error is indeed smaller than 20 mA for any of the first
three joints and never exceeding 66 mA for the last three joints). The coefficients of determination are set
mostly around 0.99, with the lowest value being equal to 0.985. Furthermore, Fig. 13a and 13b report
the box plot representation of the current errors for the tests A and B, respectively. It can be stated
that the estimated model provides a faithful representation of the current absorption associated with the
execution of a task.

5. Electric power consumption modeling
In this section, the electric model of the robot is discussed. The main challenges in the identification of
a precise electric model are the unavailability of experimental data other than the six motor currents,
as well as the limited technical data provided by the manufacturers. The robots by Universal Robots
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Table VII. Current model accuracy: current modeling errors (mean, maximum and RMS errors)
and coefficients of determination R2.

Test A Test B

imean
err imax

err iRMS
err imean

err imax
err iRMS

err
joint j [A] [A] [A] R2 [A] [A] [A] R2

1 −0.020 1.422 0.188 0.985 −0.007 1.324 0.169 0.989
2 0.000 1.459 0.165 0.997 −0.022 1.346 0.182 0.996
3 0.017 0.882 0.124 0.997 0.016 0.833 0.119 0.997
4 −0.007 0.310 0.040 0.995 −0.009 0.256 0.038 0.996
5 0.014 0.287 0.037 0.995 −0.007 0.309 0.037 0.993
6 −0.011 0.381 0.050 0.995 −0.037 0.358 0.066 0.991

Figure 12. Estimated current and measured current comparison: test B.

are equipped with custom brushless AC motors manufactured by Kollmorgen GMBH, belonging to the
AKM frameless motor series [58]. Browsing the AKM motor series datasheet [59] highlights that the
motors used in the UR5e robot must be a custom one, as the AKM motors are operated with supply volt-
ages rated at least 240 V AC, whereas the motors mounted on the robot are powered from a 48 V DC bus,
as disclosed by the robot manufacturer [48]. However, the same motor manufacturer offers some low-
voltage motors specifically targeted to collaborative robots, such as the TBM2G frameless motor series
[60], which are designed to be operated from a 48 V DC bus exactly like the one sported by the UR5e
robot. There are no other clues indicating that the actual motors used in the UR5e manipulator are identi-
cal to the ones available in the catalog [60], but it is likely that the motors are based on similar geometries
and winding arrangements, hence they are expected to sport similar electrical properties. Their
determination is useful in the definition of the electric power absorption model that is discussed here.
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(a) (b)

Figure 13. Box plot representation of the current errors: (a) test A; (b) test B. The central mark indicates
the median, the bottom and top of each box represent the first and third quartiles, whereas the whiskers
extend to the most extreme data not considered as outliers.

The Park-Clark transformation is used to represent AC brushless motors as equivalent DC motors
[61]. This transformation treats a set of sinusoidal AC currents and voltages, namely the one absorbed
by the phases of the motor, as a single equivalent DC voltage and current. That current is therefore
interpreted as the current drawn in the equivalent DC motor, for which a simple electro-mechanical
model is available. According to it, the equivalent voltage drop across the j-th motor leads and the
current absorbed by the same motor can be expressed as:

Vj = Rmj Ij + kbj ϑ̇mj (19)

Ij = τmj

ktj

(20)

The model of Eq. (19) and (20) highlights that the current I is proportional to the generated torque, and
the voltage drop V is proportional to the voltage drop across the equivalent motor winding resistance Rm

plus the one due to the speed-controlled voltage generator by means of the coefficient of proportionality
this is usually referred to as the back-emf constant, kb. The power absorbed by the six motors can be
defined by determining the parameters of Eq. (19) and (20). However, the only parameter that can be
actually established with precision from the available data is the torque constant kt, as discussed in
Sect. 4. The instantaneous motor power consumption Wej by the j-th joint motor can be determined by
the voltage-current product as:

Wej = VjIj = Rmj I
2
j + kbj ϑ̇mj Ij (21)

However, the substitution of Eq. (20) in Eq. (21) provides a more practically useful relation for computing
the electric energy absorption Welecj for the j-th motor:

Welecj =
Rmj

k2
tj

τ 2
mj

+ kbj

ktj

ϑ̇mjτmj (22)

Equation (22) can be further simplified, by noticing that the ratio kt/
√

Rm is the so-called motor con-
stant, and that the ratio for the back-emf constant and the torque constant is theoretically unitary for the
convention used here. A brushless motor like the ones used in the UR5e robot is supplied by a three-
phase AC current, which is modulated across three windings on the motor stator, whereas the model
that underlies Eq. (22) is developed for a DC (line to neutral) voltage and a line current. Therefore, the
parameters Rm, kb and kt that are needed for our purposes must be converted from the ones used in the
manufacturer’s catalog, which usually refers to a different convention [62]. Following the indications
found in ref. [62], we can obtain the correct values for the constants in Eq. (22), for each motor in the
catalog [60]. In particular, the use of a proper conversion highlights that the kt/kb ratio is equal to roughly
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0.89 for any motor belonging to the catalog used for reference. The ratio kt/kb is frequently regarded
as a unitary value; however, this assumption holds merely if the only source of loss in the motor is the
one due to the Joule effect, neglecting the significant contributions of core losses, stray load losses, and
other dissipative effects [63]. In a non-ideal case, the kt value should therefore be smaller than the kb

value, as done here using the ratio 0.89 suggested by the manufacturer. Using the motor constant km, Eq.
(22) can be rewritten as:

Welecj =
1

k2
mj

τ 2
mj

+ kbj

ktj

ϑ̇mjτmj (23)

Therefore, only the motor constant km, measured in Nm/
√

W, has to be identified to model the energy
consumption of a motor, assuming that the ratio kt/kb has been measured by the manufacturer. Given the
impossibility of directly measuring this parameter without disassembling the robot, a sensible estimation
has been performed by identifying the most probable replacements using the motors available in the
TBM2G catalog [60], which lists several motors with external diameters ranging from 50 mm to 115 mm.
Judging from the external size of the motor housings on the robot, size 1 motors can be of either 50 mm
or 65 mm external diameter, whereas motors of size 3 can be either of 68 mm or 76 mm in diameter.
Motor lengths can be, for all possible diameters, 8 mm, 13 mm or 26 mm. The selection of the most
similar motor is to be done also on the basis of the motor parameters estimated so far, such as the
motor moment of inertia, the torque constant and the maximum torque generation capability (declared
by the robot manufacturer). An identification of the specific motor code is however not needed, since
the motor constant km is independent from the winding geometry and depends only on the overall motor
dimensions. As a matter of fact, it identifies the ‘motor size’ and therefore the suggested procedure needs
to guess a proper motor size among a list of possible motors.

Using all the available data, one possible candidate for the motors of size 1 (i.e., the ones for joints
4, 5 and 6 of the UR5e) is the one of the three TBM2G-05008x motors (‘x’ might be A, B or C
according to the winding geometry), whose nominal constant torque ranges between 0.054 Nm/A and
0.0266 Nm (indicated within a ±10% range in the catalog), and their moment of inertia are all equal
to Jm = 0.79 · 10−5 kg m2. These values match well the expected values of Tables IV and VI, with mean
kt = 0.0768 Nm/A and mean Jm = 1.2032 · 10−5 kg m2. The difference between the value of the motor
moment of inertia taken from the datasheet and the estimated value, which is slightly higher, can be
attributed to the fact that the observed motor inertia also takes into account the moment of inertia of the
coupling joint between the motor and the reducer, whose characteristics are unknown having not disas-
sembled the robot. The relative motor constant is declared to be 0.06632 ± 10% Nm/

√
W: this value is

again shared by all three motors BM2G-05008x, since it is independent from the winding geometry.
The mean expected values (Tables IV and VI) for the motors of size 3 are Jm = 6.4013 · 10−5 kg m2

and kt = 0.1061 Nm: such data are fitted at best by the group of three motors labeled as motor TBM2G-
06826x, whose nominal moment of inertia is equal to 5.18 · 10−5 kg m2 and whose torque constant
can vary between 0.0835 ± 10% Nm/A and 0.2947 ± 10% Nm/A. The motor constant is declared to
be 0.27426 Nm/

√
W for all three motor samples.

This possible choice of motors as suitable equivalents to the ones actually mounted on the UR5e
robot is further supported by the fact that their peak continuous service torque is equal to 0.27 Nm for
the smaller motor and to 1.54 Nm for the larger ones: such values reflect almost perfectly the peak torques
available at the joints declared by Universal Robots which are set to 28 Nm and 150 Nm, respectively,
which are 100 times larger due to the gear ratio.

The electric model of the robot is now complete, and the inverse dynamic model can be comple-
mented with Eq. (23) to compute the instantaneous values of the electric power absorbed by each motor:
the overall energy consumption can then be estimated by computing the time integral of the electric
power. The power and energy absorption for each individual motor is represented graphically in Fig. 14,
which refers to the execution of the test trajectory A. The same procedure is then applied to the other
test trajectory: the power and energy outlines for test B are shown in Fig. 15.
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Figure 14. Motor power and energy consumption for each joint motor, test A.

Figure 15. Motor power and energy consumption for each joint motor, test B.
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Table VIII. Estimated energy consumption and trajectory efficiency for each single joint
and for the entire robot.

Test A Test B

joint j Emech [J] Eelec [J] Emech [J] Eelec [J]
1 220.6 251.6 232.6 265.5
2 49.36 72.0 52.6 73.3
3 228.7 264.2 186.8 216.8
4 44.2 55.5 56.6 70.5
5 71.1 83.7 54.3 64.1
6 97.3 117.2 92.7 111.7
overall 711.3 845.1 675.6 805.9
η 84.17% 83.83%

The values of estimated energy consumption associated with the two test trajectories are reported
in Table VIII, which shows both the mechanical and the electrical energy consumption, for each single
joint and for the entire robot. The energy measures are then used to evaluate the reported values of
the trajectory efficiency η: this value is evaluated as suggested in ref. [61], as the ratio between the
mechanical energy Emech and the electric energy Eelec expenditures:

η := Emech

Eelec

(24)

with

Emech =
T∫

0

6∑
j=1

ϑ̇mjτmj dt (25)

and

Eelec =
T∫

0

6∑
j=1

Welecj dt (26)

6. Conclusions
The electro-mechanical modeling and identification of the UR5 e-series manipulator has been presented
in this paper. The model is defined upon both experimental data acquired from the robot, using model
identification procedures, and datasheet provided by the manufacturers of the manipulator itself, of the
motors and of the gearboxes. The model validation is supported by the precise reproduction of the motor
currents by means of the developed inverse dynamic model. Friction effects have been modeled by
taking into account the non-symmetric behavior sported by the strain wave gears when operating in
direct or reverse power flow conditions. The electric model identification relies mostly on the informa-
tion provided by the motor manufacturer, given the unavailability of specific electric measurements.
Nonetheless, the identified model provides an accurate estimation of the effective energy absorption by
the robot during its operation. In future developments of this work, we plan to adopt the proposed electro-
mechanical model of the UR5e robot for the model-based optimization of energy-efficient trajectories
to improve sustainability and reduce the power consumption in real manufacturing scenarios.
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